Examining the paper [1], we have found some minor errors in Theorems 3.1, 3.7, 3.22 and Lemma 3.21, which we eliminate here.
Examining the paper [1] , we have found some minor errors in Theorems 3.1, 3.7, 3.22 and Lemma 3.21, which we eliminate here.
In Theorem 3.1 we slightly modify the last component of the assumption (ii). Moreover, the denominators of the rational expressions should be corrected as: 
Then the mapping L has a unique fixed point in X.
Proof. Let z 0 ∈ X and let us construct a sequence {z n } by the rule
First we show that {z n } is a Cauchy sequence in X. For this, consider
By using condition (ii) of Theorem 1 with z = z n and w = z n+1 , we have
Using now (1) and condition (i) of Theorem 1, we get
Finally, we get
Consequently,
Hence, {z n } is a Cauchy sequence. But X is complete, so there exists t ∈ X such that z n → t as n → ∞. Next, we show that t is a fixed point of L. For this, assume that Lt = t. Then
By applying conditions (i), (ii) of Theorem 1 and equation (1), equation (2) becomes
Taking limit as n → ∞, we get
which is not possible. Thus Lt = t. Hence t is a fixed point of L. For uniqueness, let t * = t be another fixed point of L. Then putting z = t and w = t * in condition (ii) of Theorem 1, we get
which is not possible. Hence t is a unique fixed point of L.
In the proof of Theorem 3.7 the denominator of the rational expressions should be corrected as
We rewrite lines 16-20 on page 101 as
.
We rewrite lines 15-21 on page 103 and lines 1, 2 on page 104 as follows
where
,
Now, from equations (4) and (5), we have
Replace y by w in line 15 on page 104 and replace x by z, y by w in line 1 on page 106. Now, we present the correct version of Theorem 3.7 ([1]).
Theorem 2. Let (X, d) be a complete complex valued metric space and
Assume that K, L : X → X are two self-mappings such that for all z, w ∈ X the following conditions are satisfied:
Then K and L have a unique common fixed point in X.
Proof. Let z 0 ∈ X and let us construct a sequence {z n } by the rule (6) Kz 2n = z 2n+1 and Lz 2n+1 = z 2n+2 , n = 0, 1, 2, . . .
By using condition (ii) of Theorem 2 with z = Lz 2k−1 , w = z 2k−1 and equations (6), we get
From Proposition 2.1 in [2] and triangle inequality, we can write
Finally, one can get
On the other hand, consider
By applying condition (ii) of Theorem 2 with z = z 2k−2 and w = Kz 2k−2 , equation (8) and using equations (6) and Proposition 2.1 in [2] , one can get
This implies that
Now, from equations (7) and (9), we have
Consequently, we can write
Hence, {z n } is a Cauchy sequence. But X is complete, so there exists t ∈ X such that z n → t as n → ∞. Next, we show that t is a fixed point of K. For this, consider
Using condition (ii) of Theorem 2 with z = t and w = z 2n+1 , equation (6) and Proposition 2.1 in [2], we get
Taking limit as n → ∞, we get d(Kt, t) 0, whence d(Kt, t) = 0. Thus Kt = t and hence t is a fixed point of K.
Similarly, using condition (ii) of Theorem 2 with z = z 2n and w = t one can show that t is a fixed point of L. Therefore Kt = Lt = t, that is t is a common fixed point of K and L.
For uniqueness, suppose that t * = t is another fixed point of K and L. Then putting z = t and w = t * in condition (ii) of Theorem 2, we have
which implies that
This is a contradiction, thus t * = t. Hence t is a unique common fixed point of K and L.
In the proof of Lemma 3.21 replace x n by z n and replace LK by KL in line 23 on page 108. Now we recall Lemma 3.21 ( [1] ) and formulate its corrected proof.
Lemma 3. Let (X, d) be a complete complex valued metric space and K, L : X → X. Let z 0 ∈ X and define the sequence {z n } by Kz 2n = z 2n+1 and Lz 2n+1 = z 2n+2 , n = 0, 1, 2, . . .
Assume that there exists a mapping λ : X → [0, 1) satisfying λ(LKz) ≤ λ(z) and λ(KLz) ≤ λ(z) for all z ∈ X.
Then λ(z 2n ) ≤ λ(z 0 ) and λ(z 2n+1 ) ≤ λ(z 1 ) for all z ∈ X and n = 0, 1, 2, . . . Then K and L have a unique common fixed point in X.
